Let ϕ be an analytic self-map of the unit disk D, let H D be the space of analytic functions on D, and let g ∈ H D . Recently, Li and Stević defined the following operator: C g ϕ f z z 0 f ϕ w g w dw, on H D . The boundedness and compactness of the operator between two weighted Bloch-type spaces are investigated in this paper.
Introduction
First, we introduce some basic notation which is used in this paper. Throughout the entire paper, the unit disk in the finite complex plane C will be denoted by D. H D will denote the space of all analytic functions on D. Every analytic self-map ϕ of the unit disk D induces through composition a linear composition operator C ϕ from H D to itself. It is a well-known consequence of Littlewood's subordination principle 1 that the formula C ϕ f f • ϕ defines a bounded linear operator on the classical Hardy and Bergman spaces. That is, C ϕ : H p → H p and C ϕ : A p → A p are bounded operators. A problem that has received much attention recently is to relate function theoretic properties of ϕ to operator theoretic properties of the restriction of C ϕ to various Banach spaces of analytic functions. Some characterizations of the boundedness and compactness of the composition operator between various Banach spaces of analytic functions can be found in 2-6 . Recently, Yoneda in 7 gave some necessary and sufficient conditions for a composition operator C ϕ to be bounded and compact on the logarithmic Bloch space defined as follows:
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The space B log is a Banach space under the norm f B log |f 0 | f . Ye in 8 characterized the boundedness and compactness of the weighted composition operator uC ϕ between the logarithmic Bloch space B log and the α-Bloch space B α on the unit disk as well as the boundedness and compactness of the weighted composition operator uC ϕ between the little logarithmic Bloch space B 0 log and the little α-Bloch space B α 0 on the unit disk. A function f ∈ H D is said to belong to the Bloch-type space or α-Bloch space , denoted by
This space is called the little Bloch-type space. For α 1, we obtain the well-known classical Bloch space and the little Bloch space, simply denoted by B and B 0 . Let B 0 log denote the subspace of B log consisting of those f ∈ B log such that
Ye in 9 proved that B 0 log is a closed subspace of B log . Galanopoulos in 10 characterized the boundedness and compactness of the composition operator C ϕ : B log → Q p log and the boundedness and compactness of the weighted composition operator uC ϕ : B log → B log . Some characterizations of the weighted composition operator between various Blochtype spaces can be found in 11-16 . Li and Stević in 17 studied the boundedness and compactness of the following two Volterra-type integral operators: 1.6
They called the operator the generalized composition operator and studied the boundedness and compactness of the operator on the Zygmund space, the Bloch-type space B α , and the little Bloch-type space B α 0 . They also studied the weak compactness of the operator on the little 3 Bloch-type space. When g w ϕ w , we see that the operator C ϕ ϕ -C ϕ is a point evaluation operator. The operator C g ϕ is closely related with some integral operators in papers 19-26 . Our goal here is to characterize the boundedness and compactness of the Li-Stević integraltype operator between different weighted Bloch-type spaces.
Throughout this paper, the letter C denotes a positive constant which may vary at each occurrence but it is independent of the essential variables.
Preliminary material
In order to prove the main results, we need the following lemmas.
2.2
According to 10, Lemma 3.1 , there exist two functions f 1 , f 2 ∈ B log such that
From 2.2 and 2.3 , the lemma follows.
The boundedness of
In this section, we study the boundedness of C g ϕ :
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Proof. We first prove that the condition is sufficient. Suppose
Then, for z ∈ D and f ∈ B log , we have
Conversely, using Lemma 2.1, there exist two functions f 1 , f 2 ∈ B log , satisfying
Setting z ϕ w in the above inequality, we obtain
Hence,
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Since
as desired.
3.9
By the inequality 1 we see that f w ∈ B 0 log . Thus, for w ∈ D,
finishing the proof of the theorem. 
hence, 3.14 holds.
Sufficiency. For f ∈ B log , we have Proof
3.17 from this, it follows that
3.18
Letting t → 1 and taking the supremum in the above inequality over z ∈ D, we obtain that
For the converse, by Theorem 3.1,
3.21
For any f ∈ B 0 log , we have
so that for any > 0, there exists a δ 1 ∈ 0, 1 , such that when δ 1 < |z| < 1,
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Hence, when |ϕ z | > δ 1 , we get
3.24
We know that there exists a constant M 2 such that |f ϕ z | ≤ M 2 , for any z belonging to the set {z ∈ D : |ϕ z | ≤ δ 1 }. Since lim |z| → 1 1 − |z| 2 α |g z | 0, there exists a δ ∈ 0, 1 , such that when δ < |z| < 1, 1 − |z| 2 α |g z | < / 2M 2 , then In this section, we characterize the compactness of C g ϕ : B log or B 0 log → B α or B α 0 . For this purpose, we start this section by stating some useful lemmas. By standard arguments see, e.g., 2 , the following lemmas follow. The proof of Lemma 4.2 is similar to 27, Lemma 2.1 see, also 28 and is omitted. We begin with the following necessary and sufficient condition for the compactness of C g ϕ : B 0 log → B α 0 .
Theorem 4.3. Suppose 0 < α < ∞, ϕ is an analytic self-map of D, and g ∈ H D . Then the following statements are equivalent:
Thus, for any > 0, there exists a δ ∈ 0, 1 , such that when δ < |z| < 1,
Let f w be defined by 3.9 . It is easy to see that
Set h w f w / f w , then for δ < |z| < 1, w ϕ z , We assume that f n B log ≤ 1. From 4.2 , given > 0, there exists a δ ∈ 0, 1 , when δ < |z| < 1,
then using 4.9 , we get for δ < |z| < 1,
Since {f n } converges uniformly to 0 on a compact subset {ϕ z : |z| ≤ δ} of D and there exists a constant M 3 such that sup |z|≤δ 1 − |z| 2 α |g z | ≤ M 3 , we see that there exists an N > 0, such that for all n ≥ N,
Therefore, for all n ≥ N, |z| ≤ δ,
4.12
Note that |C g ϕ f n 0 | 0. Combining 4.10 and 4.12 , we obtain C g ϕ f n α −→ 0 as n −→ ∞.
4.13
The proof is complete.
By Theorems 3.3 and 4.3, we get the following corollary. 
4.19
Note that |C 
